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Abstract—With the growing awareness of data privacy, more
and more cloud users choose to encrypt their sensitive data
before outsourcing them to the cloud. Search over encrypted
data is therefore a critical function facilitating efficient cloud
data access given the high data volume that each user has to
handle nowadays. Inverted index is one of the most efficient
searchable index structures and has been widely adopted in
plaintext search. However, securing an inverted index and its
associated search schemes is not a trivial task. A major challenge
exposed from the existing efforts is the difficulty to protect user’s
query privacy. The challenge roots on two facts: 1) the existing
solutions use a deterministic trapdoor generation function for
queries; and 2) once a keyword is searched, the encrypted
inverted list for this keyword is revealed to the cloud server. We
denote this second property in the existing solutions as one-timeonly search limitation. Additionally, conjunctive multi-keyword
search, which is the most common form of query nowadays, is not
supported in those works. In this paper, we propose a public-key
searchable encryption scheme based on the inverted index. Our
scheme preserves the high search efficiency inherited from the
inverted index while lifting the one-time-only search limitation
of the previous solutions. Our scheme features a probabilistic
trapdoor generation algorithm and protects the search pattern.
In addition, our scheme supports conjunctive multi-keyword
search. Compared with the existing public key based schemes that
heavily rely on expensive pairing operations, our scheme is more
efficient by using only multiplications and exponentiations. To
meet stronger security requirements, we strengthen our scheme
with an efficient oblivious transfer protocol that hides the access
pattern from the cloud. The simulation results demonstrate
that our scheme is suitable for practical usage with moderate
overhead.

encryption schemes is to build a secure index for the entire
document set. Then in the search stage, which is done on
the cloud serve side, only the secure index is referenced.
Secure index-based searchable encryption not only enhances
the search scalability, but also allows the encryption of each
document to be independent of the searchable encryption
scheme used. In the searchable encryption literature, some of
the works [1]–[13] design their own secure index structures
while others [14]–[16] build upon the inverted index, which is
one of the most popular index structures for plaintext search.
Compared with building searchable encryption schemes using
self-designed indexes, using the inverted index as the underlying index structure enjoys several benefits. First, search on
the inverted index can be very efficient especially for a large
dataset. Search is directly pointed to the related documents, i.e.
the inverted lists that match the query keyword. Secondly, the
inverted index has been widely adopted in large dataset search
schemes. Therefore, secure inverted indexes can be applied
incrementally over the already built inverted indexes.
The first effort of building a secure inverted index comes
from Curtmola et al. [14], and followed by others [15], [16].
There are two major limitations of the existing inverted index
based searchable encryption schemes.
•

I. INTRODUCTION
With the growing popularity of cloud computing, people
begin to embrace the benefits of cloud storage services by outsourcing their data into the cloud. To ensure the data privacy
in the cloud, data must be encrypted before being outsourced
into the cloud. However, data utilization, e.g. keyword search,
arises as a challenging problem due to the data encryption.
Downloading the entire encrypted data set first then searching
over the decrypted data is obviously counterproductive and a
waste of valuable computation and communication resources.
Therefore, the search operation must be done at the cloud side
and over the encrypted data.
Searchable encryption is an essential technique that allows
search directly over encrypted data. Similar to search over
plaintext documents, the common approach of searchable
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•

First of all, the keyword privacy is compromised once a
keyword is searched. As a result, the index must be rebuilt
for the keyword once it has been searched. Obviously,
such a solution is counterproductive due to the high
overhead suffered.
Secondly, the existing inverted index based searchable schemes do not support conjunctive multi-keyword
search, which is the most common form of queries
nowadays.

In this paper, we explore the problem of building a searchable encryption scheme based on the inverted index to overcome the aforementioned limitations. We construct our scheme
through a series of novel designs based on the private set
intersection protocol in [17]. We achieve secure and private
matching between the query trapdoor and the secure index. We
design a novel trapdoor generation algorithm so that the query
related inverted lists are combined together secretly without
letting the cloud server know which inverted lists are retrieved.
Our contributions are summarized as follows:
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1) We propose a practical inverted index based publickey searchable encryption scheme. Our scheme overcomes the one-time-only search limitation in the existing schemes. Our scheme supports conjunctive multikeyword search using only one trapdoor while the existing invert index based searchable encryption schemes
only support single keyword search.
2) We design a probabilistic trapdoor generation algorithm
to break the trapdoor linkability. Our scheme preserves
the index and trapdoor privacy. To provide stronger
security guarantee, we strengthen our scheme with an
efficient oblivious transfer protocol to hide the access
pattern.
3) Comparing with the existing public-key searchable encryption schemes which use expensive pairing operations, our scheme is more efficient because we only need
multiplication and exponentiation.
4) Unlike most of the existing public-key searchable encryption schemes, we provide both a theoretical analysis
and a simulation study using a real-world dataset to
evaluate the performance. The simulation results show
that our scheme is suitable for practical usage and the
overhead is moderate.
We organize our paper as follows. In section II, we discuss
the related works. Section III briefly introduces the preliminary
concepts. We present our system model, threat model, and
notations in section IV. Our solution is described in section
V, followed by the security and the computation complexity
analysis in section VI. We report the simulation results of our
scheme in section VII. The conclusion of the paper is drawn
in section VIII.
II. R ELATED W ORKS
Searchable encryption was first studied by Song et al. in
[18]. The proposed scheme supports single keyword search
without an index which means the server must scan the whole
document to find the search result. Follow-ups on searchable
encryption usually build a secure searchable index such that
certain trapdoors generated via secret keys could match with
the index to get the search result while the content of the index
is hidden from the cloud. Some of the works [1]–[13] design
their own index structures while others [14]–[16] build their
secure searchable indexes upon the inverted index.
Among the self-designed secure indexes, Goh et al. [1] first
proposed a Bloom filter based index which supports single
keyword search. Chang et al. [3] used a vector index of which
the length is the same as the cardinality of the dictionary
for each document. Other works [5]–[13] focus on enrich the
search functionality including result ranking, multi-keyword
search and fuzzy search. In public key settings, Boneh et al.
[2] proposed the first public key based searchable encryption
scheme. Bellare et al. [4] introduced an as-strong-as-possible
privacy definition for the public-key based searchable encryption and constructed a solution that satisfies their definition.
One major disadvantage of using self-designed indexes is that
their index structures are not compatible with each other. As

a result, it is impossible to provide a service that includes all
the useful functions. Additionally, for users who have already
built their inverted indexes for plaintext search, they need to
re-generate their encrypted searchable index which could be
expensive if the data volume is huge.
Curtmola et al. [14] proposed the first inverted index based
encrypted searchable index. The document list for each keyword is encrypted and obfuscated into an array. However,
according to the design, the position and the content of the
inverted list will be disclosed to the cloud server once the
keyword is searched. As a result, one keyword can only be
searched once before re-generating the index for the keyword.
Based on [14], Kamara et al. [15] put forward the concept of
dynamic searchable encryption and constructed an encrypted
inverted index that supports dynamic operations such as document updates. Naveed et al. [16] designed a primitive named
blind storage upon which they implemented the encrypted
searchable index scheme of [14]. As these works are based on
[14], they share the same limitation. Moreover, these schemes
do not support conjunctive multi-keyword search which is the
most common query type nowadays.
Our scheme falls into the public-key searchable encryption
category which includes [2], [4], [7], [12], [19]–[21]. While
those works all adopt a paring based crypto-system to construct the indexes, our scheme only requires multiplication
and exponentiation, which are a magnitude less expensive in
computation comparing to pairing operations. Additionally,
most of these schemes did not provide an implementation
evaluation of the algorithm performance under real-world
application scenario (we only found [7], [12] performed the
experimental studies). In this work, we not only provide a
complexity analysis of our algorithm, but also perform a
simulation study using a real-world dataset to evaluate the
performance. The simulation results shows that our scheme is
suitable for practical usage and is more efficient than existing
public-key based solutions.
III. P RELIMINARY
A. Inverted Index
Inverted index is one of the most popular data structures
used in document retrieval systems [22]. An inverted index
contains multiple inverted lists. One inverted list I!i corresponds to one keyword !i which is contained in all the
documents of I!i . Additional information can be included in
the inverted list such as the numerical statistics of the keyword
(to support result ranking) and the positions of the keyword
within a document (to support phrase search). The biggest
advantage of using the inverted index comes from the search
efficiency especially for large volume of documents. The
search operation is performed on a much smaller document
set which is consisted with the inverted lists that match with
the query keywords.
B. Private Set Intersection
Private set intersection (PSI) is a cryptography primitive
that allows two or more parties to calculate the intersection
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of their datasets privately. The output of the PSI reveals
no additional information other than the intersection itself.
In [17], Freedman et al. proposed an efficient PSI protocol, denoted as the FNP protocol, based on the Paillier
homomorphic cryptosystem [23]. A brief description of the
Paillier algorithm is shown in Fig.1. The Paillier cryptosystem
features 1) additive homomorphic, i.e. given the ciphertexts
E(a1 ), E(a2 ), the ciphertext of a1 + a2 can be calculated as
E(a1 + a2 ) = E(a1 )E(a2 ), and 2) one-time multiplicative
homomorphic, i.e. given the ciphertext E(a1 ), the ciphertext
of a1 ⇥ a2 is E(a1 )a2 .

Setup: a pseudorandom function , a pseudorandom
generator , and F is a collection of f = (IDf , dataf )
BuildStorage:
• D is the storage which is arranged as an array of nD
blocks. All of the blocks are marked as free at the
beginning.
• For each f , the data owner generates a seed
s = (IDf ) and a pseudorandom sequence ⇤ = (s).
• The server stores dataf along with its IDf into the
first |dataf | free blocks in the sequence ⇤.
Access:
• Given the IDf , the user generates the seed
s = (IDf ) and the sequence ⇤ = (s) and retrieves a
certain number of the blocks from D.
• After decryption, the user finds the target file blocks by
the ID information.

Key generation: pk = (n, g), where
n = pq, gcd(pq, (p 1)(q 1)) = 1, g 2 Z⇤n2
sk = ( , µ), where
1
n2 1
= lcm(p 1, q 1), µ = g mod
mod n
n
Encryption: To encrypt a message m to its ciphertext c
c = g m · rn mod n2 , r 2 Zn
n2 1
Decryption: m = c mod
· µ mod n
n

Fig. 2. The scheme of the blind storage

Fig. 1. The scheme of the Paillier homomorphic cryptosystem

The FNP protocol works as follows.
Q 1) Alice represents
her set A as a polynomial f (x) = ai 2A (x ai ). Clearly,
the set of the roots of f (x) = 0 is Alice’s dataset. 2) Alice
encrypts the coefficients of the polynomial using the Paillier
homomorphic encryption and sends the encrypted polynomial
f 0 (x) = Enc(f (x)) to Bob. 3) Bob calculate R : {rj =
f 0 (bj ) +h bj } with his data bj 2 B, where +h is the Paillier
homomorphic addition. Then Bob sends R back to Alice. 4)
Alice decrypts R as R0 , and the intersection A \ B is the
intersection A \ R0 .
C. Blind Storage
Blind storage proposed in [16] is an efficient oblivious
transfer protocol implementation under the honest-but-curious
adversary model. An overview of the process of blind storage
is shown in Fig.2. We refer the readers to [16] for more details
of blind storage.
The security property of the blind storage comes from the
fact that the storing locations of the documents are independent
of each other from the server’s point of view. A blind storage
only uses block ciphers and collision resistant hash functions
so that it is computationally efficient. The communication
and storage overhead to ensure a negligible probability of
information leakage is moderate (by a factor of 4).
IV. S YSTEM M ODEL
The system model we consider in this work is shown in
Fig.3. There are three entities in the system, a cloud server, a
data owner and multiple users. The data owner generates the
encrypted index and outsources it along with the encrypted
data into the cloud. An authorized user submits a query request
to the server in the form of a trapdoor which he gets from
the data owner through a secure channel. After receiving the
trapdoor, the cloud server matches the encrypted index with

Fig. 3. System architecture of search over encrypted data in cloud computing

the trapdoor. Finally, the cloud server returns the matching
documents as the search result.
We model the cloud server as a honest-but-curious adversary. We assume that the authorized users are fully trusted
by the data owner and they are authorized to access all the
documents through search. The access control between data
owner and the users can be achieved using existing protocols
such as [12], [24], and therefore, we will not discuss it in this
paper.
A. Threat Model
A searchable encryption scheme should protect data owner’s
data privacy. The data privacy violation could come from three
aspects. The first one is the confidentiality of the document set.
In most scenarios, the data owner will encrypt his document
contents using a block cipher such as AES. Therefore, it is
safe to claim that the privacy of the document set itself is
well protected. So we focus on the other two aspects, which
are the encrypted index privacy and the trapdoor privacy.
Index privacy: The index privacy is twofold. First, the
cloud server should not learn the content of the index since
the content of the index directly reflects the content of the
documents. Second, the cloud server should deduce no information about the document through analyzing the encrypted
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index. Such information includes 1) whether a document contains certain keyword(s), and 2) whether different documents
contain a common keyword.
Trapdoor privacy: A trapdoor is generated for each query
request to allow the cloud server to search over the encrypted
index. Intuitively, the trapdoor contains the query information
but in an encrypted form. Given a trapdoor, the cloud server
should learn nothing about the user’s query from it. We consider the protection of the following information for trapdoor
privacy: the content of the query, the number of the keywords
in the query, and the fact that whether the same query has
been searched before.
Access pattern refers to the accessed documents, i.e. the
search results. As pointed out by [25], the adversary could
further deduce the private information of the index and the
trapdoor from the access pattern. To avoid such leakage, the
search results of queries must be indistinguishable from each
other.
B. Definition and Notation
We will use the following notations through the rest of the
paper.
•
•
•

•
•
•
•
•

⌃ = ( 1 , 2 , · · · , n ) is a finite set of document collection, where i is the ID of the ith document.
⌦ = (!1 , !2 , · · · , !m ) is a finite set of keyword collection from ⌃, which we denote as dictionary.
I = (I!1 , I!2 , · · · , I!m ), an inverted index for the
document set ⌃. Each I!i is a list which contains
⌃i = ( i1 , i2 , · · · , ip ) ⇢ ⌃ where !i 2 ij , 1  j  p.
Ĩ is the encrypted searchable index based on I.
Q ⇢ ⌦ is a query request which is a subset of the
dictionary.
TQ is the trapdoor for the query Q.
[n] means an integer set from 1 to n.
|S| refers to the cardinality of S which can be a set, a
list or a vector.

Before delve into the detail of our scheme, we first present
the definitions of searchable encryption scheme given in [2],
[14].
Definition 1 (Searchable Encryption Scheme): A searchable
encryption scheme consists of the following probabilistic
polynomial time algorithms.
•
•

•

•

Setup(k) takes as input a security parameter k. It outputs
a master key M K.
IndexGen(M K, I) takes as input the master key M K
and an index I for the document set ⌃. It outputs the
encrypted searchable index Ĩ.
TrapdoorGen(M K, Q) takes as input the master key
M K and a query Q. It outputs the trapdoor TQ for the
query.
Query(Ĩ, TQ ) takes as input the encrypted index Ĩ and
the trapdoor TQ . It outputs R ⇢ ⌃ as the search result.

V. O UR I NVERTED I NDEX BASED P UBLIC - KEY
S EARCHABLE E NCRYPTION S CHEME
We present our inverted index based public-key searchable
encryption scheme in this section. We assume the data owner
already has an inverted index available for his dataset. Thus,
we skip the process of building an inverted index from a
document set.
A. Overview
As discussed in section III, an inverted index consists of
two parts: 1) a keyword dictionary and 2) a document list
for each keyword. When performing a search over plaintext,
the server matches the query keyword(s) to the dictionary to
locate the target document list(s) first. Then the server gets
the document candidates by integrating the document list(s)
together. Finally, the document candidates are returned to the
user as the search result.
When searching over encrypted inverted indexes, we have
to solve three challenging tasks. We first need a privacy
preserving method to determine the match between the query
keyword(s) and the dictionary. Then we need to select the
related inverted lists without letting the cloud server know
which ones are retrieved. Finally, the access pattern must
be concealed. We address these challenges through a series
of novel designs based on the FNP PSI protocol. To make
the presentation clear, we use a simple example in Fig.4
to illustrate our scheme. We now present the details of our
scheme as follows.
B. Scheme Details
Besides the four essential algorithms in Definition 1, our
scheme features an extra algorithm to hide the access pattern
from the cloud server. We store the documents in a blind storage in the cloud. Correspondingly, we retrieve the documents
from the cloud storage following the access process of blind
storage. We give a brief description of blind storage in Fig.2.
More detail of blind storage is discussed in [16].
• Setup(k): The data owner first chooses two k-bit prime
numbers p, q such that gcd(pq, (p 1)(q
1)) = 1.
Then the data owner follows the key generation process
in Fig.1 to generate the key pair for the Paillier algorithm,
i.e. pk = (n, g), sk = ( , µ). The data owner keeps sk,
a pseudorandom permutation (PRP) f and an invertible
matrix M as the master key M K. The degree of M is
determined by the size of the dictionary m. At last, the
data owner publishes the public key to the cloud server.
• IndexGen(M K, I): Given an inverted index, the data
owner takes the following steps to convert it to the
encrypted version.
1) For each keyword !i 2 ⌦ and its corresponding
inverted list I!i , the data owner performs the following steps.
a) The data owner generates a tag t!i = f (!i ).
Similarly, the data owner generates a tag for
each document i 2 ⌃, where t i = f ( i ).
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Fig. 4. In this figure, we show the whole process using a simple example. 1) The data owner transforms each inverted list to a polynomial. The polynomial
is represented using its coefficients. To secure the index, the data owner encrypts the coefficients of each polynomial. Note that padding is not shown in the
figure for simplicity. The data owner generates a dictionary matrix MD following the algorithm. Note that here we use !i directly instead of the tag for
simplicity. 2) When generating a trapdoor for a query, the data owner first calculates P⌦ /PQ , then adding randomness to hide the number of the keywords in
the query. The trapdoor is a 2-tuple. 3) When the cloud server receives the trapdoor, he calculates V 0 as shown in the figure. Each vi0 in V 0 is the ciphertext
of PR (!i ). Because PR (!i ) = 0 if !i 62 Q, the result polynomial PR (x) only contains the inverted lists corresponding to the query keywords.

We denote the set of the keyword tags and the
document tags as f (⌦), f (⌃) respectively.
b) Let L be the maximum length of all the inverted list. The data owner generates a set of
random numbers Ri = {rj } for I!i , where rj 2
Z⇤n , rj 62 f (⌦), |Ri | = L |I!i |. Then, the data
owner pads Ri to the inverted list to hide the
length.
c) After getting all the polynomials of the inverted
lists, the data owner generates a polynomial
P!i (x) for I!i as
P!i (x) =

Y

j 2I!i

(x

t j)

Y

(x

rj ).

rj 2Ri

2) The data owner calculates a polynomial vector as
follows,
I = (P!1 , P!2 , · · · , P!m )

T

3) The data owner encrypts the coefficients of each
polynomial P!i using the public key (n, g) of the
Paillier encryption algorithm, and sets the encrypted
index as Ĩ = Enc(n,g) (I).
4) The data owner constructs a dictionary matrix MD
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0m
t! 1
Btm
B !1
= B.
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1

t! 1

•

tm
!2
tm
!2
..
.
t! 2

1

···
···
..
.
···

1
tm
!m
1C
tm
!m C
C
..
A
.
t! m

0
Then he encrypts it with the matrix M as MD
=
M · MD .
0
5) Finally, the data owner outsources the matrix MD
and the index polynomial vector Ĩ to the cloud.
TrapdoorGen(M K, Q): Before generating the trapdoors,
the data owner first generates a polynomial for the entire
dictionary PD as
Y
PD (x) =
(x t!i )
!i 2⌦

Note that this is a one-time cost.
When the data owner receives a query request Q from a
user, Q
he constructs a polynomial PQ (x) where PQ (x) =
PD / !i 2Q (x t!i ). Then, the data owner generates
0
PQ
(x) by padding random terms to PQ (x).
0
PQ
(x) = PQ (x)

m
Y

q+1

(x

rj ), q = |Q|, rj 62 f (⌦)

0
We
represent
PQ
(x)
using
its
coefficients
(am , am 1 , a1 , a0 ). Finally, the data owner returns
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the trapdoor which is a 2-tuple to the user as
TQ = {(am , am
•

1, · · ·

, a1 ) ⇤ M

1

, Enc(n,g) (a0 )}

Query(Ĩ, TQ ): After receiving the trapdoor, the cloud
server first calculates
0
V = TQ [1] ⇤ MD
= (v1 , v2 , · · · , vm ).

For each vi , i 2 [m], the cloud server calculates vi0 =
Enc(n,g) (vi ) +h TQ [2] where +h is homomorphic addition of the Paillier encryption algorithm. Then all the
values are organized as a vector:
0
V 0 = (v10 , v20 , · · · , vm
).

After that, the cloud server calculates
PR (x) = V 0 · Ĩ T

•

(1)

and returns PR (x) back to the user.
OT(PR ): After receiving PR , the user decrypts the polynomial with the assistance of the data owner. Then
the user factors the polynomial to find the roots of
PR (x) = 0. Note that these roots are the tags of the
document candidates. Finally, the user launches the blind
storage fetch protocol to get the encrypted documents
back from the cloud server.
VI. S ECURITY AND P ERFORMANCE A NALYSIS

In this section, we first prove the correctness and the security
of our scheme. Then we analyze the complexity of our scheme.
A. Security Analysis
Theorem 1 (Completeness): Our scheme returns all the
documents that contain the query keyword(s).
Proof: We represent the query trapdoor as a polynomial
0
0
PQ
(x) so that the roots of PQ
(x) = 0 are the tags of the
keywords except those in the query, i.e. {x|x = t!i , !i 62 Q}.
Because vi0 = vi +h Enc(n,g) (a0 ) is the ciphertext of
0
0
PQ (t!i ), i 2 [m], and PQ
(!i ) = 0 for those keywords !i 62 Q.
Then, the result polynomial PR which is
X
PR (x) = V 0 · Ĩ T =
vj0 P!j
(2)
!j 2Q

consists of the query-related inverted lists only. Note that the
scalar, i.e. vj , won’t affect the root of the polynomials. The
roots of equation 2 actually is \!j 2Q ⌃!j , which is the set of
the documents that contain all the query keywords. Therefore,
the user will fetch the correct documents from the cloud. ⌅
Before we prove the security of our basic scheme, we first
review the definition of semantic security.
Definition 2 (Semantic security): A cryptosystem is semantically secure if given the ciphertext of a message M sg,
any probabilistic polynomial-time algorithm (PPTA) cannot
deduce any partial information about M sg computationally
with a high non-negligibly probability.
Definition 3 (Semantic security of searchable encryption):
A searchable encryption scheme is semantic secure if the

encrypted indexes and the trapdoors are indistinguishable
under Chosen Plaintext Attack (IND-CPA).
The underlying security significance of Definition 3 is that
given the encrypted index and the trapdoors any probabilistic
polynomial-time adversary (PPTA) cannot determine any partial information of the documents. As proved in [23], the Paillier homomorphic algorithm, which is based on the quadratic
residuosity problem, is a semantically secure cryptosystem.
Now we are ready to prove the security of our scheme.
Theorem 2 (Security): Our inverted index based public-key
searchable encryption scheme is semantically secure.
Proof: (sketch) Suppose a PPTA A chooses two document
set ⌃0 , ⌃1 that |⌃0 | = |⌃1 | and |⌦⌃0 | = |⌦⌃1 |. A submits the
datasets to the data owner. The data owner randomly choose
b = {0, 1} and generates the encrypted inverted index for
⌃b . After that, we allow A to access the trapdoor generation
algorithm and the query algorithm. But we don’t allow A to
know the search result. This simulates the view of the cloud
server in our scheme. If A cannot guess b correctly with a
probability higher than 1/2, then our scheme is semantically
secure.
• Security of the tags: We use the PRF to produce the
tags in our scheme. Because |⌃0 | = |⌃1 | and |⌦⌃0 | =
|⌦⌃1 |, A clearly cannot gain advantage from the tags. In
practice, we can use a symmetric key encryption scheme
like AES as the PRF.
• Security of the index: The index is represented as
polynomials in our scheme, and the polynomials are encrypted using Paillier homomorphic encryption. Because
the Paillier cryptosystem is semantically secure, the cloud
server learns nothing from the encrypted polynomials.
Furthermore, the cloud server cannot learn useful information from the length of the inverted list because of the
padding.
• Linkability of the trapdoors: In TQ [1], random terms
are introduced to hide the length of the query. Because of
0
the random terms, the coefficients of PQ
will be different
each time. In TQ [2], a0 is encrypted using the Paillier
encryption. Recall with the Paillier encryption algorithm,
a random number is used each time when performing the
encryption, which means a plaintext will be encrypted
differently with the same key. As a result, a plaintext
query will be transfered to different trapdoors every time
due to the introduced randomness.
• Access pattern: The matching result is a polynomial of
which the coefficients are encrypted using the Paillier
encryption. Therefore, the matching result is semantically
secure as well. Furthermore, our blind storage based
oblivious transfer process is secure under the ideal/real
paradigm as shown in [16]. As a result, A cannot gain
advantage to guess b correctly by observing the matching
result. ⌅
B. Computation Complexity Analysis
In the Setup phrase, the data owner needs to generate the
key pair for the Paillier algorithm. It takes two exponentiations
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plus the computation of finding the prime numbers.
In the IndexGen process, there are m polynomials need
to be encrypted. Each of them has degree of L. Since the
polynomial is represented using its coefficient, we need m⇥L
encryption operations in total. The data owner also needs m3
0
multiplications to generate the MD
. It is worth mentioning the
matrix multiplication can be optimized using existing methods
such as Strassen’s algorithm [26].
In the TrapdoorGen process, the data owner needs to perform: 1) a polynomial division which can be efficiently done
through the synthetic division method; 2) one exponentiation
to encrypt a0 ; and 3) m2 multiplications to generate TQ [1].
In the Query process, the cloud server needs to perform m2
multiplications to calculate V, m exponentiations to encrypt
V, and m multiplications to do the homomorphic summation.
Comparison with the existing public key based schemes:
We compare the computational load of our scheme with the
existing public-key based schemes [7], [12], [19]–[21] in Table
I. Let E denote an exponentiation operation, M denote a
multiplication and e denote a pairing operation and P denote
a map-to-point hash function which hashes any input to the
bilinear paring group G1 (such operations are not efficient).
In most cases, the number of the documents are greater than
the number of the keywords, i.e. n
m. Pairing operations
are far more expensive than multiplication and exponentiation.
The comparison table shows that our scheme is lighter-wright
than the existing solutions. It is worth mentioning that although
our scheme requires more computation when generating a
trapdoor than other schemes, we support multi-keyword conjunctive search while none of them has this functionality.
C. One round communication vs. two round communication
Our scheme requires two rounds of communication between
the user and the cloud server to complete a search request. The
main reason is to protect the access pattern since a significant
amount of information can be learned from it [25]. It is
worth mentioning that our scheme can be modified to take
only one round communication by letting the cloud server
evaluate the result polynomial PR using the document tags.
However, the modified scheme will leak the access pattern to
the cloud server. Based on the different application scenarios,
one may choose the one-round scheme without the access
pattern protection, depending on the security and privacy
requirements demanded by the application.
VII. S IMULATION
In this section, we evaluate the performance of our proposed
scheme. A series of real-world dataset based simulations are
carried out to evaluate the computation cost of our scheme.
Most of the public-key based searchable encryption schemes
did not report a simulation study on algorithm efficiency. We
only found Li et al. [7] reported a simulation studies on their
proposed scheme so we will compare our results with theirs.

A. Environment Setting
We use Python to implement the prototype of our scheme on
a Windows 8.1 PC with Intel Core i3 3.3 GHz and 4 Gigabyte
memory. We use a simple pure Python implementation of the
Paillier homomorphic cryptosystem1 .
Dataset: we use part of the Enron dataset 2 as our dataset.
The Enron email data contains a large number of documents.
The statistic of the dataset is shown in Table II (the keyword
set excludes the stop words and has been processed using
Porter’s stemming algorithm).
B. Data owner computation
Before outsourcing the data into the cloud, the data owner
needs to initialize the parameters of the system and generates
the encrypted inverted index. We assume the data owner has
built the inverted index already. In our simulation, we use
Lucene [27] to generate the inverted index for our dataset.
1) System Setup: During the system initialization, the data
owner first generates the key pair for the Paillier homomorphic
system. This process includes finding two big prime numbers
p, q and computing the public key and the private key. In
our experiment, the key generation process takes 0.40 second
for 512-bit security and 3.03 second for 1024-bit security.
Although 768-bit RSA module has been broken [28], in our
experiments, we report the computation costs for both 512-bit
and 1024-bit keys to demonstrate the trade-off between the
security and the efficiency.
2) Inverted Index Encryption: Although index generation
process is the most computationally expensive step, it is only a
one-time process. There are two steps of converting an inverted
index to its encrypted version. The first step is to calculate the
corresponding polynomial for each keyword list. The second
step is to encrypt the polynomials with the master key which
includes a matrix multiplication and a Paillier encryption. The
computation cost will increase as the dictionary size grows
large. It is worth to mention that when using 512-bit keys
for the Paillier crypto-system, the matrix multiplication costs
much more than the Paillier encryption while the encryption
consumes more computation when we use 1024-bit keys.
The computation of the matrix multiplication can be further
reduced by using multiple smaller size matrices instead of a
large size matrix. The computation cost of the index generation
respect to different key size and matrix size is shown in Fig.5.
3) Trapdoor Generation: We show the computation cost for
a trapdoor with different dictionary size in Fig.6. The most
computationally expensive step is the matrix multiplication.
Because only one encryption is involved, using different key
sizes shows little difference. The computation time is less than
one seconds when we use smaller matrices (128 by 128) to
perform the permutation. Note that even with a relatively large
matrix (1024 by 1024), the trapdoor generation time is still
under two seconds. It is worth mentioning that the number
of query keyword doesn’t affect the trapdoor generation time
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source code available at https://github.com/mikeivanov/paillier
dataset, http://nlp.cs.aueb.gr/software and datasets/Enron-Spam/

2 Enron
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TABLE I
P ERFORMANCE COMPARISON
Baek et al. [19]
M
nm(E+M+P+2e)
P+M
nm(M+e)

Setup
Index
Trapdoor
Search

Rhee et al. [20]
2E
nm(2E+P+e)
2E+2P
nm(2E+P+e)

Zhao et al. [21]
M
nm(4M+P+2e)
3M+4P+e
nm(2M+P+4e)

Li et al. [7]
9mM
n(m2 +3m)M
(m2 +3m)M
(m+3)e

Sun et al. [12]
(3n+1)E+e
m(n+2)E
(2n+1)E
(n+1)e+(n+2)M+E

Ours
2E
mLE+m3 M
m2 M+E
(m2 +1)M+mE
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Fig. 7. Search time for different key sizes and matrix sizes

D. Comparison between Li et al’s scheme and ours

max

We compare the index generation time and the search
time with Li et al’s scheme [7]. Li et al’s scheme focuses
on matching queries with the attributes of documents of
which the number is supposed to be small. Therefore, their
scheme cannot handle general text keyword search which is
the object of our scheme. As reported in their original paper,
the index generation time for each index, i.e., each document,
is around 30 seconds with 70 attributes which equivalents
to 70 keywords in our scheme. Compared with theirs, our
scheme is extreme efficient because their scheme heavily relies
on pairing operation and the operations over elliptical curve.
Although their scheme has different objective, the comparison
demonstrates the same technique is not suitable for generating
secure index of general keyword search tasks.
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Fig. 6. Trapdoor generation time respect to the size of the dictionary

TABLE II
DATASET S TATISTIC

because we hide the degree of the trapdoor polynomial by
padding random terms.
# of Documents
# of Keywords

C. Cloud server computation
After receiving the trapdoor from the user, the cloud server
needs to multiply the trapdoor with the dictionary matrix. The
consumed time is shown in Fig.7. The computation includes
a matrix multiplication and m encryptions. As shown in the
figure, using smaller matrices can improve the efficiency but
the improvement is not much especially when using 1024bit keys encryptions. This is because the encryption takes a
large part of the computation. However, the encryption can be
accelerated through parallel processing. Therefore, the search
time can be further reduced if multiple threads are used by
the cloud server which also has more computation power than
our proof-of-concept environment.

2000
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1000
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VIII. C ONCLUSION
In this paper, we proposed a novel construction of a publickey searchable encryption scheme based on inverted index.
Our scheme overcomes the one-time-only search limitation in
the previous schemes. Our probabilistic trapdoor generation
algorithm prevents the cloud server from linking the trapdoors.
Our scheme also hides the number of keywords in the query.
Additionally, our scheme supports multi-keywords conjunctive
search. Because the access pattern has been identified as a
serious security threat in searchable encryption schemes, our
scheme can be integrated with blind storage technique to
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further protect the access pattern. Compared with the exiting
public-key based schemes that heavily rely on expensive
pairing operations, our scheme is more efficient by using
only multiplications and exponentiations. Finally, we validated
the practicality of the proposed scheme by implementing a
prototype of the scheme and evaluated the performance using
the Enron email dataset. The results showed that our scheme
features reasonable index construction for a large document
set. The trapdoor generation time and the search efficiency outperform the pairing based solutions. Furthermore, our scheme
scales well when handling large document set, which makes
our scheme ideal for real-world scenario.
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